Abstract. Let A be a noetherian ring, a an ideal of A, and M an A-module. Some uniform theorems on the artinianness of certain local cohomology modules are proven in a general situation. They generalize and imply previous results about the artinianness of some special local cohomology modules in the graded case.
Introduction
Throughout A is a commutative noetherian ring. As a general reference to homological and commutative algebra we use [5] and [10] . One of the main problems in the study of local cohomology modules is to determine when they are artinian. Recently some results have been proved about the artinianness of graded local cohomology modules in [2] , [3] , [13] and [14] .
We prove some uniform results about artinianness of local cohomology modules in the context of an arbitrary noetherian ring A. Their proofs are simple and they have those special cases in the above references as immediate consequences.
A Serre subcategory of the category of A-modules is a full subcategory closed under taking submodules, quotient modules and extensions. An example is given by the class of artinian A-modules. A useful method to prove that a certain module belongs to such a Serre subcategory is to apply [12, Lemma 3.1] .
An A-module M is called a-cofinite if Supp A (M) ⊂ V (a) and Ext i A (A/a, M) is finite (finitely generated) for all i. This notion was introduced by Hartshorne in [8] . For more information about cofiniteness with respect to an ideal, see [9] , [6] and [12] . 
Main results
This yields the exact sequence
Note that x ∈ b. Hence we get the exact sequence 
Proof. In 2.1 take S as the category of artinian A-modules.
Corollary 2.3. Let a and b be two ideals of
Remark 2.5. In 2.4 we must assume that n ≥ 1. Take any ideal a in a ring A such that A/a is not artinian.
has finite length (resp. has finite support).
As a corollary we recover Yoshida's theorem [15, Proposition 3.1].
Proof. We may assume that (A, m) is a local ring. Use corollary 2.7 and Nakayama's lemma. 
However the last term is zero since 
. Consider the map f defined as multiplication with x on H 1 a (M) occuring in (1). We get
which is artinian and the exact sequence 
